We study the potential to observe CP-violating effects in SUSY cascade decay chains at the LHC. We consider squark and gluino production followed by subsequent decays into neutralinos with a three-body leptonic decay in the final step. Asymmetries composed by triple products of momenta of the final state particles are sensitive to CP-violating effects. Due to large boosts these asymmetries can be difficult to observe at a hadron collider. We show that using all available kinematic information one can reconstruct the decay chains on an event-by-event basis even in the case of 3-body decays, neutrinos and LSPs in the final state. We also discuss the most important experimental effects like major backgrounds and momentum smearing due to finite detector resolution. We show that with 300 fb −1 of collected data, CP violation may be discovered at the LHC for a wide range of the phase of the bino mass parameter M 1 .
Introduction
Supersymmetry (SUSY) [1, 2, 3] is one of the best motivated extensions to the Standard Model (SM). According to the latest fits [4, 5, 6 ] to the precision observables a rather light scale is indicated and is in reach of the Large Hadron Collider (LHC). If SUSY happens to be realised in nature, the task will be to pin down the specific characteristics of the underlying model which will require many detailed studies. One of the interesting issues in this context is CP violation. While the observed amount of CP violation in the K and B sectors can be accommodated within the SM, another piece of evidence, the baryon asymmetry of the universe, requires a new source of CP violation [7, 8, 9] .
The Minimal Supersymmetric Standard Model (MSSM) [10, 11, 12] has about one hundred free parameters and a large number of these may have non-zero CPviolating phases, see e.g. [13] . Many of the phases are unphysical in the sense that they can be rotated away by a redefinition of the fields but not all can be systematically removed in this way. For example in the sectors of the charginos and neutralinos, the supersymmetric partners of Higgs bosons and SU(2) × U(1) gauge bosons, we can have up to three new phases. These include the phases of the U(1) gaugino mass parameter M 1 , SU(2) gaugino mass parameter M 2 and the Higgsino mass parameter µ. One of them can be rotated away and therefore we choose the convention where M 2 is kept real. Hence we have
The other possible sources of complex parameters in the MSSM Lagrangian are trilinear couplings A f but they are not relevant to this study [14] . Certain combinations of the CP-violating phases are constrained by the experimental upper bounds on various electric dipole moments (EDMs), see e.g. [15] . Ignoring possible cancellations, the most severely constrained phase is that of µ which contributes to the EDMs at the one-loop level and has a tanβ enhancement. In general for O(100) GeV masses, |φ µ | 0.01π and we therefore set φ µ = 0 throughout our study. The phase of M 1 has weaker constraints. Large phases can be accommodated in models with heavy first and second generation squarks and sleptons (>TeV) or if accidental cancellations occur [16, 17, 18, 19, 20, 21] . Here we study the complete range of CP phases in order to see the general dependencies exhibited by our observables and the luminosity required to observe these within the LHC environment. Nevertheless, we want to stress that in the chosen scenario experimental bounds from EDMs can be evaded by arranging cancellations between various supersymmetric contributions for any value of φ 1 [22, 23, 15] .
CP-odd observables are the unambiguous way of discovering hints of complex parameters in the model. One class of these observables include rate asymmetries of cross sections, branching ratios and angular distributions. The other possibility are the observables that can be defined using triple products of momenta and/or spins of particles, see [24, 25, 26] for a recent review. In any case studies of CP-violating phases will be challenging at the LHC [27, 14, 28 ] and a precise determination of them is expected to be only possible at a future e + e − linear collider. An interesting example of using triple product correlations is studying the 3-body decay of a neutralinoχ 0 2 [29, 30, 31, 32] . Since the asymmetry is maximal in the rest frame of the decaying neutralino, the central idea of [29, 30] was the full kinematic reconstruction of the production and decay process. Hence the CP-sensitive observables are calculated [29, 30] in the rest frame of the decaying neutralino at an e + e − collider. This can be done due to the clean experimental environment and the well-known initial state at such a machine. As this is not the case at the LHC, these observables are much more challenging due to the proton structure and further experimental uncertainties, hence making the observation of CP-violating effects very difficult. However, in the present analysis we show how a similar approach can be applicable at hadron colliders. By applying full event reconstruction, the observation of CP-odd asymmetries becomes feasible.
In many scenarios the highest cross section at the LHC is predicted for the associated production of gluinos and squarks of the first two generations. If squarks can decay to a neutralinoχ 0 2 in the process
one can expect an abundance of neutralinos. Large statistics will help to overcome the limitations of a similar analysis of the stop carried out in [14] . The production of the neutralinoχ The 3-body decay is discussed since sizeable contributions to CP violation are expected from interference diagrams and it offers the opportunity to use CP-sensitive observables based on triple product correlations. The process is sensitive to any phase that enters the neutralino sector (φ 1 and φ µ ), but we set φ µ to zero as discussed above and concentrate on the effect of φ 1 . To extract information about the phase of M 1 we analyse the following triple product of momenta from the decay products of theq i ,
It originates from the covariant product present in the amplitude and can be expanded in terms of explicit momenta,
When CP phases appear a non-zero asymmetry can be constructed from final state momenta using the triple product in Eq. (1.4) as explained below.
The triple product T changes sign under the naïve 1 time reversal T N and consequently it is a T N -odd observable. Neglecting possible absorptive phases due to loops, Breit-Wigner propagators and final state interactions, that are expected to be small in the leptonic neutralino decay, CPT N invariance is equivalent to CPT invariance [33] and hence a measurement of a T N -odd observable implies CP violation. In addition as these are CP-odd quantities any measurement of the phase made by this method not only reveals the magnitude of the phase but also the sign. It is important to note that the triple product correlations are a tree-level effect and therefore large asymmetries can be expected [32, 34, 35, 36] .
To be able to successfully observe CP violation we need to isolate squarks from antisquarks as the CP-conjugated process will have an asymmetry of the opposite sign. Normally this is done via charge identification but this will be impossible using the above decay chain with the light quark in the final state. However, for the first two generations, squark production typically dominates over anti-squark production due to the valence quarks present in the proton. Consequently our sample will have a majority of squarks (around 80% in the analysed scenario) and the asymmetry will not be washed out. The proportion depends on the masses of squarks but this does not affect our analysis significantly.
One of the major problems when trying to measure CP-sensitive observables with triple product correlations at the LHC are the large undetermined boosts given to produced particles. CP asymmetries have the largest value in the rest frame of the intermediate particle and the effect of the boost produces a severe dilution factor. To remove this dilution factor we have to boost all the particles in the triple product (q, ℓ + , ℓ − ) into the rest frame of the intermediate particle in the decay (χ 0 2 in our case). In SUSY decay chains this is complicated due to the presence of two LSPs and possible neutrinos that escape detection. Once the missing momenta are reconstructed it is then trivial to find the momentum of the particle that we are interested in and boost back into its rest frame. In principle this should return the CP asymmetry to the magnitude one would expect if the initial particle was produced at rest. So far in the literature the momentum reconstruction was used to determine the unknown masses of SUSY particles in the case when the decay chain proceeded via two-body decays [37, 38, 39, 40] . In this analysis we change the approach and assume that the masses are already known with a reasonable precision from other measurements at the LHC. The new complications are three-body decays of supersymmetric particles (charginos and neutralinos) and possible missing neutrinos which means that we have less on-shell constraints. However, as we show in this paper, even in such a case momentum reconstruction is still possible after the inclusion of experimental uncertainties. Having all the momenta reconstructed one can perform a more detailed analysis of particle properties which could open a window for a more accurate determination of the underlying model at the LHC.
Finally, in order to assess the feasibility of completing this study in the demanding experimental environment of the LHC we perform a simulation of our process using the Monte Carlo event generator Herwig++ [41, 42] . We apply simple selection cuts and smear final state particle momenta to account for finite detector resolution. Moreover, we make an analysis of the impact of the most important background processes relevant for our study. All of the analysis was done assuming a centre-of-mass energy of 14 TeV but it would not change markedly if we moved to 10 TeV except for an increase in the luminosity we require to see a statistically significant result.
The paper is organised as follows. We begin by describing the process under consideration in Section 2 and discuss the triple product correlations in more detail. In Section 3 we present the method we use to reconstruct the momenta of the invisible particles in our decay chain. Section 4 discusses the potential for a measurement at the LHC both with and without the momentum reconstruction technique. Possible experimental factors that need to be considered and our final results are explained in Section 5. Finally, the Appendices list the Lagrangian, resulting couplings and give explicit matrix elements including the full spin correlations that are required in our study.
Formalism

The process studied and the amplitude squared
One of the dominant SUSY channels at the LHC is associated squark-gluino production. At the tree level the production process Eq. (2.1) proceeds via the light quark exchange in the direct channel and squark/gluino exchange in the t channel, as seen in Fig. 1 ,
We study the case where the squark subsequently decays via the following chain:
The first step in the cascade decay chain is the two-body processq L → qχ 0 2 . Here, CP-violating couplings of theχ 0 2 enter and are dominated by the phase φ 1 , see Appendix B.1. In addition, the spin vector of theχ 0 2 has to be explicitly included in the amplitude since the full spin correlations have to be taken into account.
We consider spectra where the second step in the cascade decay chain is the three-body decay of the neutralino,χ
2). The neutralino decay occurs via Z 0 exchange in the direct channel and via sleptonl L,R exchanges in the t and u channels, as can be seen in Fig. 2 . It is sensitive to CP-violating Figure 1 : Feynman diagrams for the associated production process of squarks and gluinos at the LHC, gq →gq L . supersymmetric couplings and its structure has been studied in detail in [31, 32, 43] , cf. Appendix A. The phase φ 1 affects the masses ofχ Using the narrow width approximation and the formalism of [44] , the squared amplitude |T | 2 of the full process can be factorised into the processes of production pp →gq L and the subsequent decaysq L → qχ . For the purpose of analysing neutralino decays we do not need to include decays of the gluino produced with a squark but they will be needed later for momentum reconstruction, see Sec. 3. We apply the narrow-width approximation for the masses of the intermediate particles,q L andχ 0 2 , which is appropriate since the widths of the respective particles are in all cases much smaller than their masses and the mass differences between them are large enough, see Appendix C. The squared amplitude can then be expressed in the form
where a = 1, 2, 3 refers to the polarisation states of the neutralinoχ 0 2 , which are described by the polarisation vectors s a (χ 0 2 ), given in Appendix B.1. In addition,
• ∆(q L ) and ∆(χ 
Structure of the T-odd asymmetry
The tools used in this paper to study CP-violating effects are T-odd observables that are based on triple products of the momenta of the involved particles. Here we study the visible decay products of theq L in the form of the following triple product that can be evaluated in different reference frames:
The T-odd asymmetry is then defined as, 5) where N T + (N T − ) are the numbers of events for which T is positive (negative) and d lips denotes Lorentz invariant phase space. The denominator in Eq. (2.5), |T | 2 d lips, is equal to the total cross section, namely σ(pp →q Lg → qχ
). In the corresponding numerator of Eq. (2.5), the triple-product correlations only enter via the spin-dependent terms. If the spin of the particles is neglected in the calculation the asymmetry will vanish.
The asymmetry A T can be visualised as the difference between the number of events where the observed p q (from the decayingq L ) lies above (N T + ) or below (N T − ) the plane spanned by ( p ℓ + , p ℓ − ), normalised by the total number of these events. If no complex phases are present, the p q will on average line up with the plane and no asymmetry will be seen. The asymmetry is not a Lorentz invariant quantity but it is maximal in the rest frame of theχ 0 2 . At the LHC the momentum of theχ 0 2 will in general be undetermined. The asymmetry can still be formed in the laboratory frame but it will be significantly diluted compared to theχ 0 2 rest frame due to the initial particle boost that is parametrised by the parton density functions (PDFs). The dilution is due to the fact that the relative orientation of the plane spanned by p ℓ + , p ℓ − and the quark momentum can change when boosting from the neutralino rest frame to the laboratory frame. Hence, the quark that was initially above the plane can instead be observed to come from below the plane in the laboratory frame. A possible solution to bypass the effects of the dilution would be to reconstruct the momentum of theχ 0 1 and use it to find the momentum of theχ 0 2 . We will discuss this method in Sec. 3 .
In order to identify the T-odd contributions, we have to identify those terms in |T | 2 , Eq. 
As we evaluate only one triple product we miss the other combinations and the asymmetry is not maximal. However, if we are in the rest frame of theχ 0 2 , the momentum components of the four vector vanish and we are now only left with the single triple product that we are interested in:
Let us finally comment on the origin of the asymmetry, Eq. (2.5). Neutralinos in the process we study are polarised due to the nature of the electroweak coupling between the fermion, sfermion and neutralino, see also [29] . Therefore the momentum of the outgoing fermion is aligned with the spin of the neutralinoχ 2) as a function of the squark momentum, | pq|, in the laboratory frame. The scenario is given in Table 1 with the phase φ 1 = 3π/2.
Momentum reconstruction 3.1 Dilution effects
The triple product that is constructed from momenta in the laboratory frame suffers from dilution factors at the LHC due to the frame being boosted with respect to the rest frame of theχ 0 2 , for a more detailed discussion see [14] . It results in a considerable reduction in the maximum asymmetry observable when we introduce the PDFs which causes an undetermined boost to the system. To illustrate the dilution, Fig. 3 shows how the parton level asymmetry A T , Eq. (2.5), is diluted in the laboratory frame when we produce theq with varying initial momenta. As theχ 0 2 is produced in the squark decay any boost is transferred. The plot was produced with an analytical calculation for the single decay chain given in Eq. (2.2). The scenario displayed in Tab. 1 was used but with the phase set to φ 1 = 3π/2.
We see that the asymmetry is maximal, A T ∼ 14%, when theq is at rest but drops to, A T ∼ 2.5%, when | pq| ∼ 1 TeV. The magnitude of the dilution clearly depends on the chosen scenario and in particular on the masses of the particles involved in the process. If it were possible to reconstruct the momentum of theχ 0 2 , we could however perform a Lorentz transformation of all the momenta and bypass the dilution factor, potentially recovering the full asymmetry.
Reconstruction procedure
In the mSUGRA scenario that we have chosen to study in this paper (see Section 4.1) the full reconstruction of the event is made possible by considering the decay chains of Figure 4 : The process studied for momentum reconstruction.
both the particles produced in the hard collision. We include all the particles coming from both theq L and theg because there are not enough kinematic constraints to perform reconstruction if only theq chain is considered. Therefore we exclusively consider the production ofq L andg and their subsequent decays, see Fig. 4 . Thẽ q L decay chain will be the same as considered in Eq. (2.2) and theg will decay as follows:g →t + t →χ
In many scenarios the production ofq L along withg is the dominant source of the first and second generation squarks at the LHC and in the considered scenarios the branching ratios for the decay chain are favourable (cf. Sec 4).
Assuming that all the masses in the decay chains are known, Sec. 4.1, the kinematics can be fully reconstructed using the set of invariant conditions and the measured missing transverse momentum. For our procedure we follow the methods for solving the kinematic equations very closely to those presented in [45, 46] . The novelty here is the inclusion of three-body decays of sparticles and allowing for additional missing momentum due to neutrinos in the final state. The difference lies also in using the mass constraints. For our purpose we assume that masses of sparticles are known and aim at the reconstruction of the momenta, whereas the previous studies used the above conditions to reconstruct masses.
Rather than fully reconstructing the kinematics of both decay chains, an alternative idea may be to estimate the momentum of theχ 0 2 and then boost into this approximate frame. A formula that estimates the momentum was presented in [47] and is shown below,
This approach does not work in our study however as the approximation only becomes valid when pχ0 1 → 0 in the rest frame of theχ 0 2 . At this kinematical endpoint the two leptons are back to back which causes the plane spanned by p l + and p l − to become badly defined. The triple product is therefore small and inaccurate leading to an asymmetry that is close to zero. Therefore the approach is not valid in our case.
In our process the following invariant equations can be formed.
•q decay chain:
•g decay chain:
where P denote 4-momenta of respective particles, and where necessary we label particles coming from squark and gluino decays with subscripts a and b, respectively.
• We also have the missing transverse momentum constraint:
• We combine the momenta ofχ 0 1b and ν ℓ coming from the gluino together as it is impossible to resolve these two particles:
(3.10)
• An additional condition on the solutions is that the invariant P 2 gM E has to be greater than the mass of the LSP, m
We apply this condition to each solution and discard as unphysical any that does not meet it.
After expressing the momenta of intermediate particles in terms of the final state particles
we now have a total of eight equations, Eq. (3.3) -(3.9), and eight unknowns:
In principle the system can be solved to find Pχ0 and Pg M E respectively, so we consider these last. Using on-shell conditions, quadratic terms in the remaining equations can be removed giving 6 linear equations, therefore we can simply use a matrix to give us solutions in terms of the energies Eχ0 1 and Eg M E . We first expand − → pχ0 1 and − → pg M E in terms of other momenta contained in the respective decay chains:
We can now form the system of 6 linear equations for unknowns A-F with Eχ0 1a and Eg M E as free parameters
where
The matrix M can then be diagonalised to give solutions for each of the momentum components of − → pχ0
and Eg M E . These solutions are substituted into the two quadratic equations, Eq. (3.3) and Eq. (3.6), to produce two equations of the form:
where the coefficients a ij , a i , a and b ij , b i , b are functions only of masses and measured momenta. We use,
to produce the linear equation for Eχ0
This result can then be substituted into Eq. (3.21) to obtain a quartic equation of the following form: 25) where the various Q's are functions of the a's and b's in Eqs. (3.21) and (3.22).
Discussion of graphical solutions
Analysing the roots of the quartic equations, Eq. (3.25), we select the solutions that are real and discard the solutions that contain imaginary parts. and Eg M E so they correspond to degree 2 curves in the Eχ0 1a and Eg M E plane (ellipses, hyperbolas or parabolas). The intersection points solve simultaneously both equations and at the same time the quartic Equation (3.25) . A graphical solution to this set of equations is shown in Fig. 5 for one sample event. In this example we have two real solutions, of which only one corresponds to the actual momenta in the event. Eg
[GeV] and Eg M E plane corresponding to Equations (3.21) (solid line) and (3.22) (dashed line) for one sample event. Out of the two real solutions the lower right one gives the correct momenta of the original event.
In the realistic physical case one has to include uncertainties on measured momenta and masses. This will of course affect above equations and solutions. Smearing of momenta will typically result in shifting of the curves shown in Fig. 5 . Therefore it is possible that one can get two additional solutions or no real solutions at all. The consequences of experimental effects on our analysis will be discussed in Sec. 5.2.
Practical approach
In general more than one solution to the above system will remain depending upon the resolvent. In some cases Eq. (3.11) reduces the number of solutions further. For the application of this study we therefore calculate the triple product, Eq. (2.4), for each individual solution. If all solutions produce the same sign triple product we keep the event and use it in our asymmetry. If any of the solutions disagrees on the sign of the triple product we will discard the whole event and it will not contribute. This method has the disadvantage that we lose events and therefore statistical significance. However, we note that it does not introduce any bias, i.e. it can be checked that the asymmetry for accepted events remains the same. An alternative method we propose is to weight each solution with matrix element and phase space factors to select the solutions with the highest probability of being correct. A possible advantage of this method is that no events will be lost and this idea is followed up in [48] .
An additional issue when trying to complete the momentum reconstruction procedure are combinatorial problems when trying to assign the measured momenta to the correct particle in the given event. If we take the leptons as an example, we know that opposite sign, same flavour leptons must come from theχ 0 2 . However, it is possible that a same flavour lepton could be produced from theχ + 1 in the opposite decay chain and be confused with those coming from theχ 0 2 . In order to assign the leptons correctly to the decay chains one can use the conditions for invariant masses. In the squark decay chain a useful observable is the invariant mass of two leptons and in the gluino decay chain one can use the invariant mass of the b-jet from the stop decay and the lepton from chargino decay. The end points of these distributions are given by
It turns out that only a small fraction of the events, around 5% in our scenario, satisfies both conditions simultaneously for the two possible assignments of the leptons in question. Moreover, if we run the momentum reconstruction algorithm, we find that physically acceptable solutions are only found in roughly 10% of events where a wrong assignment has occurred. These conditions act as a strong discriminant, therefore we do not expect lepton combinatorics to be a relevant issue for this study.
Another possible approach to this problem would be the subtraction of the opposite-sign opposite-flavour (OSOF) lepton pairs. In that case the quantities N T + and N T − in Eq. (2.5) would be defined as
In Eqs.(3.28) and (3.29) one adds the number of events with a positive (negative) triple product using e + e − pairs (and the jet) to the number of events with a positive (negative) triple product using µ + µ − pairs and subtract the number of events with positive triple product using e + µ − and e − µ + pairs. For the combinatorial background one gets equal rates for same flavour and opposite flavour lepton pairs since the leptons are uncorrelated. Hence, this "flavour subtraction" procedure removes (up to statistical fluctuations) all combinatorial background resulting from the lepton pairing problem and also all background coming fromχ 
Numerical results
Chosen scenario: spectrum and decay modes
In order to study the experimental prospects of measuring CP-violating effects at the LHC we use an MSSM scenario derived from mSUGRA parameters defined at the GUT scale, as shown in Tab. 1. This scenario has been already used to analyse the properties of the neutralino sector in [31] . The values of the parameters at the electroweak scale have been derived using the RGE code SPheno [49] . Masses of the coloured particles are of order 500 GeV, apart from the light stopt 1 , which has a mass of 171.0 GeV. The lightest supersymmetric particle (LSP) is the lightest neutralino with a mass of 78.1 GeV. The second neutralino and the light chargino have masses around 150 GeV, whereas the sleptons are around 200 GeV. Therefore we note that the two-body decay channels ofχ 0 2 andχ ± 1 are closed and this gives a good opportunity to study CP-violation effects in their three-body decay modes. Details of the mass spectrum can be found in Tab. 1. The values of the gaugino mass parameters reproduce the given spectrum in the case when all the CP phases are set to 0. In order to generate CP-violating effects in the following we will attribute a non-zero phase φ 1 to the bino mass parameter,
while keeping the absolute value |M 1 | fixed as given in Tab. 1. Although we chose a specific scenario our method is applicable in a wider range of parameter points. For the decay chain that we concentrate on, we require the threebody decay of theχ 0 2 which places the following constraints on the SUSY masses,
To complete momentum reconstruction from the gluino side, other decay modes can contribute with regard to the scenario presented here but their impact on the final result would be scenario dependent. For example if the decayt → tχ 0 2 became kinematically open the momentum reconstruction would actually become easier as there would be no neutrino in the final state and the system would become overconstrained. However, there would now be one additional top and one additional lepton in the final state that may cause new combinatorical difficulties.
As already mentioned, the highest production rate is typically obtained for coloured final states containing squarks and gluinos at the LHC. In our scenario, where their masses are not very heavy, the total cross section for production of strongly interacting supersymmetric particles reaches 140 pb, see Tab. 2. For our purpose we will be interested in the inclusive production of left squarks and the associated production of left squark and gluino 2 . As was mentioned in Sec. 1, antisquarks give a CP asymmetry with exactly the opposite sign to squarks. We note however that the inclusive cross section for left squark production is almost a factor of 4 larger than the cross section for left anti-squark production. This is a direct consequence of the fact that we have two protons in the initial state for which the abundance of quarks is significantly higher than of anti-quarks. Since we cannot distinguish experimentally squarks and anti-squarks of the first two generations this fraction of anti-squarks will cause some dilution in the asymmetry that will be however compensated for by a very high production rate. A similar situation occurs for associated squark gluino production for which the ratio of squarks to anti-squarks is 18.2 pb to 3.1 pb, see Tab. 2. Together with left squarks we also have the production of right squarks at a comparable rate. However, since the latter decay almost exclusively to the lightest neutralino in our scenario, as shown in Tab. 3, they do not give rise to the CP-odd asymmetry.
Following the production process we include subsequent decays of squarks and gluinos. The dominant decay mode of the gluino is to the light stop and the top with a branching ratio of BR = 53.8%. The light stop then decays almost exclusively toχ
Left squarks decay mainly to the light chargino and the second lightest neutralino with branching fractions of 65% and 33% respectively. Finally we consider the decays of charginoχ ± 1 and neutralinoχ 0 2 . Leptonic decays constitute in total BR = 61% for the chargino and BR = 68% for the neutralino decay modes. For decays into light leptons we have BR = 24.3% and BR = 9% for chargino and neutralino, respectively. The most interesting are the neutralino decays to electrons and muons 2 Triple product asymmetry in right squarks decay chain has the opposite sign as compared to the left squarks (and the same sign as that of left anti-squarks), however in our case where the coupling of the right squark to the second lightest neutralino is suppressed due to small bino component of χ that are used to construct the CP-sensitive triple product, Eq. (2.4). The summary of the relevant branching ratios can be found in Tab. 3. It may be noted that in the scenario presented, the branching ratioχ
is unusually high (59.3%). This is due to the masses of theχ 0 2 andτ being very close and hence the kinematic factors are favourable. The particular branching ratio is simply a coincidence in the scenario chosen however and is not a required feature for our study.
When we vary the phase of the M 1 parameter, the masses and couplings in the neutralino sector are affected. First we note that the changes in the neutralino masses are negligible and smaller than the possible experimental accuracy. It turns out however, that the phase φ 1 has large impact on neutralino couplings and therefore the pattern of its decay modes. The most significant change is for the light chargino decays to the LSP and a fermion pair. With increasing phase the branching ratio forχ + 1 →χ 0 1 ν τ τ + rises and eventually reaches 70% for φ 1 = π. At the same time the branching ratios for decays to light leptons remain roughly at the level of 10%. As we will explain later, a chargino decay to tau, followed by a leptonic tau decay can be used for momentum reconstruction in the same way as a chargino decay to an electron and a muon. On the other hand, the decayχ 0 2 →χ 0 1 τ + τ − followed by a leptonic tau decay will be a background, since it gives incorrectly reconstructed momenta. Finally, we note that in the case of neutralinoχ 0 2 decays to light leptons, the respective branching ratios increase up to 5.5% for φ 1 = π/2.
Since our procedure requires the sparticle masses to be known, we wish to comment on the possibility of the mass determination in our scenario. One of the standard approaches at the LHC is to study kinematic edges and endpoints of the invariant mass distributions, see e.g. [51] . In our case the masses ofg,q L ,t 1 ,χ • quark and leptons in the decay chain ofq L followed by the squark decay to chargino or neutralinoχ • top and bottom quarks in the gluino decay chain Eq. (3.1),
• bottom quark and lepton in the stop decay chain, cf. Eq. (3.27),
• quark pairs in the decay of gluino to the 1st and 2nd generation squarks [52] .
Fitting the above invariant masses to experimentally measured edges and endpoints should provide enough number of constraints to obtain required information. This method can be perhaps supplemented by a mass reconstruction method, see for example [37, 38, 39, 40, 46, 53, 54] . Therefore, in the following we assume that the masses are known. The impact of the mass uncertainties will be discussed in Section 5.2.
CP asymmetry at the parton level
We start by discussing the dependence of the asymmetry on φ 1 , Eq. (2.5), at the partonic level studying only the decay chain presented in Eq. (2.2). In order to see a maximal effect, we place theq L at rest and calculate the triple product and the asymmetry in its distribution, Sec. 2.2. We see from Fig. 6 that the asymmetry in this scenario is roughly 14% and this occurs when the phase φ 1 is just above π/2 and just below 3π/2. The asymmetry is produced by a complex interplay between different couplings in theχ all have different behaviour with respect to φ 1 and in other scenarios the maximum asymmetry can be seen far from π/2. It should be noted from the previous plot that the asymmetry is obviously a CP-odd quantity that in addition to a measurement of the phase, also determines whether it lies above or below π, as seen in Fig. 6 . In comparison, using CP-even quantities, for example the mass, it is not possible to determine if the phase is above or below π. It must also be noted that these quantities have a weak dependence upon the phase and will be challenging to study. Moreover CP-even quantities alone do not give unambiguous proof of CP violation in the model, that can only be provided by CP-odd observables.
Influence of parton distribution functions on CP asymmetries
Experimentally the situation becomes significantly more complicated since in general, particles are not produced at rest but can be heavily boosted in the laboratory frame. Our observables can be significantly reduced in size by this effect as triple product correlations induced by spin effects are largest in the rest frame of the decaying particle. Essentially, a boosted frame can make the momentum vector of the quark appear to come from the opposite side of the plane formed by ℓ + and ℓ − . As explained in Sec. 2.2 this causes a severe dilution in the asymmetry that is measured at the LHC.
There are two other dilution factors that have to be taken into account and give a further reduction in the observed asymmetry. The first one we consider is the contamination from anti-squarksq * L that will be produced at the LHC along with squarksq L . There is no way of identifying the charge of the decaying particle and consequently we need to include the effect of theq * L in our analysis. Antisquarks produce an asymmetry of the opposite sign toq L so if for example we had equal numbers of each of them, no overall asymmetry could be seen. However, the production cross section forq * L is substantially lower than that ofq L due to the valence quarks in the proton, see Tab. 2 and at the LHC we would expect only roughly 20% of the sample to beq * L . The other background contribution is that of neutralinos decaying to a tau pair, χ 0 2 →χ 0 1 τ + τ − followed by leptonic tau decays to the pair of opposite-sign sameflavour leptons. Since the branching ratio for the above decay is large, even after inclusion of leptonic tau decays there is a significant number of events faking our signal, i.e. As the asymmetry calculated for such leptons is diluted, this background introduces a further dilution factor. However, this background can be easily removed using the flavour subtraction technique described above, Eqs. (3.28) and (3.29) . In addition we will see later that much of this background is removed after the application of simple selection cuts on the lepton energy and the invariant mass. We use the MRST 2004LO [50] PDF set in our analysis of the asymmetry and plot the integrated asymmetry A T as a function of φ 1 in Fig. 7 . We see that the inclusion of the PDFs and theq * L sample reduce the asymmetry by about a factor of 8 in this scenario as compared to the result of Sec. 4.2. The maximum asymmetry is now |A T | = 1.7%. It must be noted that the dilution factor does depend on the scenario studied and changes in particular with the mass of the sparticle that is initially produced.
BR(χ
For the calculation of the asymmetry we included the production channels shown in rows 3 and 4 of Table 2 but we only take decays of individualq L andq * L following the decay chain in Eq. (2.2). At this point correct identification was assumed for the final state particles and no hadronisation or detector effects were included but these assumptions will be relaxed in Sec. 5. The only backgrounds in the study are those discussed above.
Using the total production cross sections 3 forq L andq * L , and respective branching ratios from Table 3 we can now estimate the integrated luminosity required to observe 3 Note that the total rate of squark production is actually larger than 30.0 pb quoted in Table 2 , as some of the subprocesses give a pair of squarks e.g.(q LqL ) and both can contribute to our analysis. The total number of squarks in the sample at the given luminosity L and √ s = 14 TeV is therefore 33.2 × L. In case of anti-squarks the number is 8.5 × L. the asymmetry at the LHC with a certain significance. We assume that N T + (N T − ), the numbers of events where T is positive (negative) as in Eq. (2.5), are binomially distributed, giving the following statistical error [55] :
(1 + A T ), and N = N T + + N T − is the total number of events. This can be rearranged to give the required number of events for a desired significance. The horizontal lines in Fig. 7 show an estimate of the amount of luminosity required for a 3σ observation of a non-zero asymmetry. In other words, an asymmetry can be seen at the 3σ level where the asymmetry curve in Fig. 7 lies outside the luminosity band.
Impact of momentum reconstruction on the observable CP asymmetry
In order to increase the statistical significance of our CP asymmetry we investigate the possibility of reconstructing the momenta of the invisible particles in our process. In principle a perfect reconstruction would return the magnitude of the asymmetry to that where theq L is at rest but in reality there are additional complications with this procedure, see Sec. 3. The reconstruction is performed at the partonic level with PDF's included in the production process. .2) and Eq (3.1). As explained in the text correct jet and lepton assignment is assumed.
Again our sample of events will containq * L which have an asymmetry of the opposite sign to that ofq L as has already been discussed in Sec. 4.3. As we are looking exclusively atq Lg andq * Lg production however when applying the momentum reconstruction, we actually have a smaller number ofq * L that dilute the asymmetry (15%, see Table 2 ). After including this dilution factor we see our maximum asymmetry reduced from A T ∼ 14% to A T ∼ 11%, see Figs. 6 and 8, respectively.
To calculate the luminosity we require to see a statistically significant effect at the LHC we include the production cross sections for channelsq Lg ,q * Lg (Tab. 2) and the branching ratios from both theq L andg decay chains Eq. (2.2) and Eq. (3.1). No hadronisation or detector effects were included in this section and correct identification was assumed for the quarks. For the leptons the correct assignment is made as is explained in Sec. 3.4. For the jets, a detailed experimental study would be required to look at this question as we need to include hard radiation, reconstruction and b-tagging efficiencies. However, a cursory examination suggests that the individual jets may be resolvable. For example, the jet coming from theq L decay is the hardest one for a high proportion of events. We would also require three other jets to have the invariant mass m t . Finally we would then require at least one b-jet to be tagged. We would like to state here that the only backgrounds included in the study are those ofq * Lg production and the decay chain Eq. (4.4). After inclusion of all branching ratios the production rate for our process drops down to 200 fb (after hadronic top decay), which results in approximately 20 000 events at the integrated luminosity L = 100 fb −1 . One extra point to note is that we are able to use events where theχ ± 1 in the opposite decay chain produces a τ ± . Kinematically these events are similar to our normal signal events but we have one extra neutrino ν τ that will be invisible and simply contribute to our missing transverse momenta. An additional factor that reduces the number of reconstructed and accepted events are the multiple solutions, as discussed in Sec. 3. We only use events when all solutions produce the same sign triple product and this allows us to use approximately ∼ 60% of the events.
The horizontal lines in Fig. 8 again show an estimate of the amount of luminosity required for a 3σ observation of a non-zero asymmetry. It can be seen that the luminosity lines are not flat but actually give a narrower band as φ 1 → π. This effect is caused by the branching ratios,q L → qχ ν ℓ ℓ − altering with the change in phase and producing more events. We see that after 20 fb −1 of well understood LHC data it may be possible to start seeing a statistically significant effect if large phases are present. It must be noted however that for this method to be successful we will require mass measurements of the individual particles involved in the decay chains. This will obviously require significant running time and may even need the help of a precision linear collider. We will address this issue in more detail in the next section.
Inclusion of experimental factors
To more realistically estimate if the study will be possible at the LHC some additional experimental factors need to be included in the analysis. For this purpose we simulate events using the Monte Carlo event generator Herwig++ 2.3.2, that has all the spin correlations included as required in our analysis. These events will be used in the following to perform momentum reconstruction and as a cross check for our analytic calculations.
We start with the inclusion of the selection cuts that have to be used to resolve leptons and jets and these are listed below:
2)
3)
Here E T (j 1 ) is the transverse energy of the hardest jet, E T (j) is the transverse energy of all other jets, E T (ℓ e,µ ) is the transverse energy of the leptons, M ℓ + ℓ − is the invariant mass of the opposite-sign same flavour lepton pair, and η is the pseudorapidity of all the final state particles in the decay chain. Moreover we require at least two b-jets and that 1 b-jet plus 2 other jets (typically with the lowest p T ) should reconstruct the top quark. Since we need the top momentum to be reconstructed we only take into account tops that decay hadronically. One of the consequences of the application of the above cuts, especially Eq. (5.3) and (5.4) is the significant reduction in the background originating from τ 's, Eq. (4.4). This is due to the rather low energy of the leptons coming from τ decays and the even lower invariant mass of the resulting lepton pair, which is peaking around 0. Already at this point, approximately 95% of this background is removed.
Another factor we include is the momenta of the resolved particles being smeared due to the intrinsic experimental precision. The accuracy for both jets and electrons follows the same function but with different coefficients [56] :
• for jets a j = 0.6 GeV • for electrons the accuracy is better, with a e = 0.12 GeV The resolution for muons has a different functional dependence,
In addition we also have a finite resolution on the measurement of missing transverse energy, σ 8) which are the errors on the x and y components of the MET vector and E T is the scalar sum of all visible transverse energy . The momenta smearing will only affect the observables when we perform momentum reconstruction as the LSP momenta will be reconstructed with limited precision. The triple product will not suffer however as the measurement only relies on the direction of the measured particles and not on the energy measurement. The direction can be found far more accurately and this error happens to be negligible for our observables.
Finally, we also investigate the fact that the masses of the particles in the decay chains we are interested in will only be known with a certain precision at the LHC (we assume 10% error), see Section 4.1. This error will again only affect the observables when we perform momentum reconstruction in order to boost into the rest frame of theχ 0 2 and can cause the frame to be mis-measured, see Section 5.2 for more details.
-25 - , have been applied. The coloured lines show the size of the asymmetry needed for a 3σ observation at the given luminosity, L=(50 fb −1 , 100 fb −1 , 300 fb −1 ), assuming squarks were produced via the channels shown in rows 3 and 4 of Tab. 2. Momentum smearing for both the leptons and quarks was studied and found to have a negligible effect. All other relevant experimental details are mentioned in the text.
Experimental factors without momentum reconstruction
Out of the experimental factors mentioned above, only the cuts affect the result for the triple product correlation measured in the laboratory frame. These cuts reduce the number of detectable events by ≈ 50% and consequently significantly increase the luminosity required to make a statistically significant measurement at the LHC, see Fig. 9 . For example if large phases are present we may begin to see hints with integrated luminosity L = 50 fb −1 . With L = 300 fb −1 we could become sensitive to phases in the ranges 0.15 π φ 1 0.9 π and 1.1 π φ 1 1.85 π where the asymmetry |A T | > 0.7%.
For the calculation of the asymmetry we included the production channels shown in rows 3 and 4 of Table 2 taking into account the decays of individualq L andq * L as listed in Eq (2.2). No explicit hadronisation was included but momentum smearing is expected to simulate some of this effect. We also need to include additional hard QCD radiation and other detector effects (for example fakes) in a full experimental study. Correct identification was assumed for the quark and two leptons. The backgrounds in the study are those fromq * L and Eq. (4.4). It must be noted however, that significant pollution due to backgrounds will be expected for this signal from both the Standard Model and the MSSM. Further experimental cuts will certainly be required to improve the signal/background ratio and without a more detailed study it is hard to predict what effect this will have on the ability to complete this measurement at the LHC, especially as the asymmetries are rather small. However, a more detailed experimental analysis is beyond the scope of the present paper [48] .
Experimental factors with momentum reconstruction
When we perform the momentum reconstruction we need to include the experimental precision on the momentum of the visible particles. This resolution is ∼ 3% for leptons and follows Eq. (5.6) for jets. The corresponding effect on momentum reconstruction is a reduction in the number of events that have the same sign triple product. As stated in Sec. 4.4 we discard any events where we have solutions with opposite sign triple products. Discarding these events reduces the percentage we can use from ∼ 60% without momentum smearing down to ∼ 30% when we include it.
The other difficulty momentum smearing creates is that all the reconstructed solutions can now have the wrong sign triple product as we no longer correctly reproduce the rest frame of the neutralinoχ 0 2 . Inevitably this effect produces a decrease in the observed asymmetry from ∼ 11% to ∼ 8%.
We again include the cuts on all visible particles in our decay chain given by Eqs. (5.1)-(5.5). These cuts significantly reduce the number of visible events and remove ∼ 80% of the events compared with our initial naïve estimates. When we combine the cuts with the momentum reconstruction efficiency we are left with ∼ 6% of the initial events and this clearly increases the luminosity needed to make an observation statistically significant. After inclusion of these effects the number of events drops from 20000 down to 1200 at the integrated luminosity of L = 100 fb −1 . This results in a 1σ absolute uncertainty of order ∼ 3% on the asymmetry, according to Eq. (4.6).
Another possible experimental aspect we investigate is a 10% uncertainty on the masses of the supersymmetric particles used in the momentum reconstruction. We found that this has a negligible effect on the momentum reconstruction as long as the mass differences between different particles in the decay chain are known better than O(5 GeV). The assumption that the mass differences are known to a higher accuracy is reasonable as the main method of measuring masses in SUSY decay chains at the LHC will be via kinematic end points that are measured with high precision. Figure 10 shows the asymmetry and the luminosity required at the LHC to see a statistically significant result at the 3σ level at the LHC once all the above factors have been taken into account. The production channels areq Lg ,q * Lg and the branching ratios are included from both theq L andg decay chains. No explicit hadronisation effects were included here and possible additional hard jets in the final state require further study. Also correct identification was assumed for all the leptons and quarks in both decay chains as explained in Sec. 4.4 and Sec. 3.4 . Again the only backgrounds included in the study are those ofq * Lg production and of taus that decay to visible leptons, Eq. (4.4).
We can see that using this method, with integrated luminosity L ∼ 100 fb −1 we start to become sensitive if large phases happen to be present. After L ∼ 300 fb −1 we expect to have sensitivity to phases in the ranges 0.2 π φ 1 0.85 π and 1.15 π φ 1 1.8 π, and obviously more luminosity will improve this further.
Note that a direct comparison between the methods with and without momentum reconstruction based on the above plots should not be performed. The backgrounds from both SM and MSSM will be more severe when we do not perform momentum reconstruction and clearly many new cuts will be required to isolate the signal, which is the consequence of being totally inclusive. For the method when we perform momentum reconstruction, we have a well defined final state that is difficult to be faked by Standard Model processes and is also uncommon for SUSY cascade decays. Moreover the multiple cuts on all the particles and the need for the missing momentum to be successfully reconstructed mean that many backgrounds will be rejected.
Ongoing work
A new approach in the future study [48] is to use matrix element weighting for each of the multiple solutions. This would significantly increase the number of accepted events and possibly increase the statistical significance of the result as we had observed that some of the "wrong" solutions obey rather unlikely kinematic configurations. However, the validity of this method needs further study.
The other possible improvement is the application of the cuts on anti-squarks. In the associated production, Eq. (2.1), anti-squarks come always from the sea quarks, whereas squarks can originate both from the sea quarks and the valence quarks. Therefore one can expect some difference in their distributions. This would give a handle to cut out one of our most severe backgrounds. Preliminary studies showed that indeed this selection criteria can turn out to be useful depending on the actual scenario and the collected luminosity.
It is clear that to fully understand if these measurements are possible at the LHC a detector simulation including backgrounds will be required. This study has to include the combinatorial issues that may be encountered with both the final state leptons and the jets. In addition, the impact of particle reconstruction inefficiencies, falsely identified particles ("fakes"), different detector acceptance for different particle species and other experimental considerations need to be considered. Such an analysis is in the line of future work.
Further improvements in measuring the CP-violating phase φ 1 would require the inclusion of more observables sensitive to the phase, like lepton opening angle or lepton angular distribution [31] . Nevertheless, in order to determine the phase in a precise and rather model-independent way, experimental input from the clean and unbiased measurements at a future linear collider [32, 57, 36] is required in addition to the LHC.
Conclusions
In this paper we have investigated the problem of discovering CP-violating effects at the Large Hadron Collider. Our tool in this analysis was the triple product correlation of momenta of the quark and the lepton pair from theχ 0 2 decay. This kind of T-odd observables can give us a handle to discover the presence of complex phases in the model. We took into account the full production and decay process of squark and gluino. Since triple products depend crucially on spin correlations, they have been included both in the analytical calculation and the event generation, that has been performed using Herwig++ 2.3.2. The process of special interest in our case was the squark decay into quark and neutralinoχ 0 2 followed by the three-body leptonic neutralino decay. For this decay in our scenario one can expect an asymmetry in the triple product distribution of up to 14% when calculated in the rest frame of the decaying neutralino. The source of the CP violation in our case was the phase of the bino mass parameter M 1 .
Due to the hadronic experimental environment of the LHC, precise measurements will be a challenge both from experimental and theoretical point of view. Therefore we have considered two possible methods of measuring CP-violating effects in the neutralino decay. The first method calculates the triple product in the laboratory frame. It turns out however that the initial CP-odd asymmetry is diluted both by high boosts of produced particles and by the admixture of anti-squarks. This makes its observation far more difficult but can give us hints of CP violation after basic selection cuts in our example.
As mentioned before the largest effects of CP violation can be expected in the rest frame of the decaying neutralino. We studied the use of momentum reconstruction of invisible LSPs and neutrinos to get access to the rest frame of the neutralinõ χ 0 2 . Using a set of invariant kinematic conditions we showed that it is possible to fully reconstruct the production and decay process on an event-by-event basis. The important result here is the possibility of reconstruction in the case of three-body decays and escaping neutrinos.
Having fully reconstructed events we are able to boost particle momenta back to the rest frame of the neutralinoχ 0 2 and the asymmetry becomes as large as 10%. Again, we include experimental event selection criteria as well as momentum smearing to account for finite detector resolution. We also consider the most severe background due to anti-squarks and we showed that the signal contamination from neutralino decays to leptonically decaying tau pairs does not pose a problem for our measurement.
Applying momentum reconstruction and taking into account the experimental effects we have found that the CP-odd asymmetry drops down to 8%. To avoid ambiguities and due to experimental constraints many events have to be discarded, nevertheless the left-over sample is enough to probe CP-violation effects. One should see a 3σ effect at L = 300 fb −1 and we expect sensitivity to the phase in the range 0.2 π φ 1 0.85 π. We emphasise that the asymmetry after momentum reconstruction is a much cleaner observable from a theoretical point of view, thanks to a well defined final state. Therefore, using the above technique there are good prospects for the observation or exclusion of CP-violating effects for a wide range of the phase φ 1 after a few years of LHC running at the high luminosity. The full assessment of LHC's ability to resolve CP violation in the MSSM will definitely require a realistic simulation of detector effects, SM and SUSY backgrounds. That issue is beyond the scope of the present phenomenological analysis and therefore we leave this question for future study.
The momentum reconstruction procedure turns out to be extremely useful method for studying new physics models at the LHC, as we have shown in this paper. Nevertheless, in order to reveal the underlying model, including CP-violating phases, a more precise machine, like an e + e − linear collider, will be required.
Appendices
A. Interaction Lagrangian and neutralino mixing
Neglecting the mixing effects in the slepton sector, the interaction Lagrangian terms forχ 0 2 decay are
(1 ∓ γ 5 ), g = e/ sin θ W and θ W is the weak mixing angle. The couplings are given by
where N is the neutralino mixing matrix defined by Eq. (A.13).
The interaction Lagrangian forq L decay is
where T 3q is a weak isospin of a squark and we have neglected small Yukawa couplings for the first two generations of squarks and mixing between left and right squark states.
The complex symmetric neutralino mass matrix M N is given in the basis (B,W 3 ,H For a more detailed discussion see [14] .
B.2 Neutralino three-body decayχ
Here we give the analytical expressions for the different contributions to the decay density matrix for the three-body leptonic neutralino decay, where we sum over the spins of the final-state particles [43] . The contributions independent of the polarisation of the neutralinoχ are given by 10) where ∆(Z) and ∆ t,u (l L ) denote the propagators of the virtual particles in the direct channel and in both crossed channels (labelled t, u, cf. We can split the terms depending on the polarisation of the neutralino into T-even and T-odd contributions: 19) where the contributions Σ C. Kinematics
C.1 Phase space
The complete cross section for the process can be decomposed into the production cross section and the branching ratios of the subsequent decays: 
